Introduction.
For any associative ring A with 1 and any natural number n, let GLn A be the group of invertible n by n matrices over A and EnA the subgroup generated by all elementary matrices x1'3, where 1 < i / j < n and x E A.
In this paper we describe all subgroups of GLn A normalized by EnA for any von Neumann regular A, provided n > 3. Our description is standard (see Bass [1] and Vaserstein [14, 16] 
): a subgroup H of GL" A is normalized by EnA if and only if H is of level B for an ideal B of A, i.e. E"(A, B) C H C Gn(A, B). Here Gn(A, B)
is the inverse image of the center of GL"(,4/S) (when n > 2, this center consists of scalar invertible matrices over the center of the ring A/B) under the canonical homomorphism GL" A -► GLn(A/B) and En(A, B) is the normal subgroup of EnA generated by all elementary matrices in Gn(A, B) (when n > 3, the group En(A, B) is generated by matrices of the form (-y)J'lx1'Jy:i''1 with x € B,y £ A,l < i ^ j < n, see [14] ).
Recall that a ring A is called von Neumann regular (see von Neumann [13] , Goodearl [7] ) if for any z in A there is x in A such that zxz = z. Then every factor ring and every ideal of A is also von Neumann regular.
In fact, to be more general, we assume that A/vad(A) (rather than A) is von Neumann regular, where rad means the Jacobson radical. For example, this assumption holds for any Artinian ring A or for any commutative semilocal ring A. Theorems 1 and 2 were proved by Dickson [2] when A is a field (the condition n > 3 in this case can be replaced by the condition card(A) > 4), by Dieudonné [3] when A is a division ring, by Klingenberg [10] when A is a commutative local ring, by Bass [1] when A satisfies the stable range condition sr(A) < n -1, by Vaserstein [14] when central localizations of A satisfy this stable range condition (for example, when A is finite as module over its center) and n > 3, and by Vaserstein [16] when A is a Banach algebra. Theorem 2 is claimed by Golubchik [5, 6] under the additional condition that A/M is an Ore ring for every maximal ideal M of A.
Note that von Neumann regular rings A satisfying sr(A) < 1 are known as unit regular rings, see [7, 8, 9, 11, 12, 15] . is norr alized by all permutation matrices, we can assume that (i,j) = (l,n). To complete our proof, it suffices to show that (1 -xvn)l,n also commutes with g modulo En(A,B).
We set u := -(I -xvn)w = (u',un). Then 5. Proof of Theorem 1(d). We want to prove first that En(A,B) = EnB, i.e. EnB is normalized by every elementary matrix y%A in GL" A. Since EnB is normalized by all permutation matrices, we can assume that (i,j) = (1,2). It suffices to prove that h := (-y)l,2gy1'2 G EnB for every elementary matrix g in EnB. This is trivial (and true for an arbitrary ring A) unless g = z2'1 where z G B. In this case we can assume that n = 2.
Since A is von Neumann regular, z = zxz for some x in A. We have h = (-^V'V'2 = (-xzyy<2(xzy -yf<2z2\y -xzy)^(xzyf>2.
But (xzy)1'2 G E2B and 
